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Abstract 

Climate change, the primarily human-caused rise in the average temperature of the Earth’s climate system, is 

referred to as global warming. In this paper a non-linar mathematical model is proposed and analysed to study 

the effect of global warming global warming temperature on the transmission dynamics of vector borne 

diseases. In modeling the process, the total host population is divided into subclasses of susceptible host and 

infective host; and the vector population is divided into subclasses of susceptible vector and infective vector. 

The model is analysed using the stability theory. The analysis of model shows that as the temperature due to 

global warming increases, the vector population as well as the infective host population is increased. The rise 

in Infective host population results in the fast spread of vector borne diseases.  
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1 Introduction 

Global warming is one of the most difficult challenges for experts to study in this century. The World Health 

Organization considers global warming to be one of the most serious hazards to human health. The term 

"global warming" refers to the influence of human activities on the climate, particularly the use of fossil 

resources (coal, oil, and gas) and broad range deforestation, which produce significant amounts of "greenhouse 

gases" into the atmosphere, the most important of which is carbon dioxide. The average global temperature 

that has changed in recent times has been exceptional throughout the centuries (Mann et al., 1999; Stocker, 

2014) and research (Field, 2014) suggest that the reason is growing anthropogenic greenhouse gas emissions. 

Vector-borne diseases are spread by the pathogens carried by arthropods. The primary vectors are mosquitoes 

and ticks. Global warming has an indirect impact on vector-borne infectious diseases. The geographical 

distribution and activity of vectors are affected by global warming. Arthropod vectors are to accountable for 

the spread of some of the most deadly infectious diseases affecting both people and animals. More than three 
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billion people now live in endemic regions and are susceptible to vector-borne diseases and parasites. These 

infections kill millions of people each year and have far-reaching implications owing to the intrinsic morbidity 

they induce, leading to incalculable protracted illnesses and life-long risks (Oliveira et al., 2016; Lorenz et al., 

2017). The rise in temperature due to global warming will not only impact the growth of arthropod vector 

population, but also the spread of disease by reducing the latent (incubation) period of pathogens (Chan and 

Johansson, 2012). The increased frequency and severity of natural disasters caused by global warming should 

also be included in the epidemiology of arthropod vector-borne diseases. As catastrophes and tropical storms 

become more frequent and intense, vectors can move to different places, creating an abundance of fresh 

breeding grounds for their growth (Caillouet et al., 2008; Patricola and Wehner, 2018). The escalation of 

urbanisation and rise in temperature are global trends that are likely not possible to alter in the coming years. 

consequently, some extra regions may become comprehensively appropriate for vector breading and 

amplification, boosting the chance of disease transmission carried by arthropod vectors (Aguiar et al., 2018).  

Despite the fact that warmer temperature conditions are more favourable to growth of vectors, their 

intimate interaction with human beings, along with their ability to survive in urbanized environments, is even 

more significant factor than climate alone (Rochlin et al., 2013). There are several instances of increased 

disease transmission by vectors. Dengue fever, the most common arbovirus in the world, is an outstanding 

example (Benelli and Mehlhornxl, 2016; Akter et al., 2018). According to estimates, 390 million individuals 

globally are infected with the dengue disease every year and this number is likely to rise in the future (Bhatt et 

al., 2013; Wunderlich et al., 2018). Moreover, reports of epidemics in previously unaffected regions are 

becoming frequently regular, such as the Zika virus outbreak in the America, which had almost 700,000 cases 

reported in 2016 (Faria et al., 2017) and over 150 cases were recorded in the first severe mosquito-borne 

disease epidemic in a temperate region (Poletti et al., 2011). In addition, the frequency of yellow fever in 

Brazil increased significantly, with over 1500 reported cases and 400 deaths (Rodhain, 2022) , as did the 

prevalence of West Nile virus and Lyme disease in North America (Rosenberg et al., 2018).  

Various researches have investigated mathematical modelling and analysis of infectious diseases (May and 

Anderson, 1979; Hsu and Zee, 2004; Ma et al., 2009; Siettos and Russo, 2013; Su and Wang, 2015; Agaba et 

al., 2017; Banerjee, 2017; Nasution et al., 2020; Verma et al., 2020; Zhang et al., 2020; Naresh et al., 2021; 

Tyagi et al., 2021). Conser (2015) investigated the role of movement of host on the vector borne diseases and 

suggested that processes of economic advancement and proliferation make mobility more significant in the 

future. A vector-host system in which the host population is organised into communities that engage with non-

mobile vectors that live in different environments is analysed by using Lagrangian perspective (Bichara and 

Chavez, 2016). The regional and seasonal spread of vector borne infectious disease is influenced by 

environmental changes. The seasonal change in disease distribution to determine the effect of climate on the 

contact incidence of disease is studied by Dangbe et al. (2017). To understand the influence of environmental 

disaster like as hurricanes on the spread of infectious disease dynamics is considerable issue. Chowell et al. 

(2019) studied the impact of severe rainfall on vector borne disease transmission in the subtropical parts of the 

world ( southern coastal portions of the United States) and analysed the response of heavy rainfall on the 

dynamics of vector breeding capacity. Furthermore, despite human migration, vector movement should not be 

neglected in disease transmission.Traore (2020) studied non-linear mathematical model to investigate the 

stability of vector host disease model by considering the long-distance vector and human migration. Mishra 

(2021) studied vector host model to explain the impact of media on disease transmission. The model is 

analysed using two switching components based on the susceptible host and infected vector population and the 

impact of media on transmission rate is assumed to be dependent on number of cases and rate of change of 

cases. The effect of global warming temperature on the spread of carrier dependent (Singh, 2017) and bacteria-
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dependent (Arora, 2021) diseases is studied and analysed.  

It is worth to mention here that the impact of global warming temperature on the spread of vector borne 

infectious diseases has not been studied yet. In this article, we have analysed a mathematical model to study 

the effect of global warming on the spread of vector born diseases . Our aim is to explore the impact of global 

warming temperature on the vector host transmission dynamics by assuming that the vector population follows 

the logistic model which has intrinsic growth rate ߜ଴ and ܭ, the carrying capacity of environment. 

2 Mathematical Model 

In this section we assume that total population size at time ݐ, given by ଵܰሺݐሻ, is denoted into subclasses of 

individuals who are Susceptible population of size ܵሺݐሻ and Infective population of size ܫሺݐሻ. Thus ଵܰሺݐሻ ൌ

ܵሺݐሻ ൅ ሻݐሺܫ ൅ ܴሺݐሻ. Furthermore, the total vector population size at time ݐ  is assumed to be ଶܰሺݐሻ and is 

divided into subclasses of vectors that are Susceptible vector of size ܯሺݐሻ and Infective vector of size ܸሺݐሻ. So 

we have ଶܰሺݐሻ ൌ ሻݐሺܯ ൅ ܸሺݐሻ . The mathematical model can be represented by the following non-linear 

differential equations 

  

 
ௗா

ௗ௧
ൌ ܾଵ െ ܫଵܵߣ െ ଶܸܵߣ െ  ଵܵ, (1)ߤ

 
ௗூ

ௗ௧
ൌ ܫଵܵߣ ൅ ଶܸܵߣ െ ሺߛ ൅  (2) ,ܫଵሻߤ

 
ௗேభ
ௗ௧

ൌ ܾଵ െ ܫߛ െ ଵߤ ଵܰ, (3) 

 
ௗெ

ௗ௧
ൌ ଴ߜ ቀ1 െ

ேమ
௄
ቁ ଶܰ െ ܫܯߚ ൅ ߰ ଶܰሺܶ െ ଴ܶሻ െ  (4) ,ܯଶߤ

 
ௗ௏

ௗ௧
ൌ ܫܯߚ െ  ଶܸ, (5)ߤ

 
ௗேమ
ௗ௧

ൌ ଴ߜ ቀ1 െ
ேమ
௄
ቁ ଶܰ ൅ ߰ ଶܰሺܶ െ ଴ܶሻ െ ଶߤ ଶܰ, (6) 

 
ௗ்

ௗ௧
ൌ ܥଵሺߙ െ ଴ሻܥ െ ଴ሺܶߙ െ ଴ܶሻ, (7) 

 
ௗ஼

ௗ௧
ൌ ଴ܧ ൅ ߶ଵሺܾଵ െ ଵߤ ଵܰሻ െ ߶଴(8) ,ܥ 

 

with initial conditions ܵሺݐሻ ൒ 0, ሻݐሺܫ ൒ 0, ଵܰሺݐሻ ൒ ሻݐሺܯ,0 ൒ 0, ܸሺݐሻ ൒ 0, ଶܰሺݐሻ ൒ 0, ܶሺݐሻ ൒ 0, ሻݐሺܥ ൒ 0 , 

where ଵܰሺݐሻ is total population size at time ݐ, and is divided into subclasses of individuals who are Susceptible 

host population of size ܧሺݐሻ and Infective host population of size ܫሺݐሻ. Thus ଵܰሺݐሻ ൌ ܵሺݐሻ ൅  ,ሻ. Furthermoreݐሺܫ

ଶܰሺݐሻ, is the total vector population size at time ݐ and is divided into subclasses of vectors that are Susceptible 

vector of size ܯሺݐሻ and Infective vector of size ܸሺݐሻ. So we have ଶܰሺݐሻ ൌ ሻݐሺܯ ൅ ܸሺݐሻ.  

We consider ߣଵ as the rate of direct transmission for new infections. ߣଶ is the biting rate of the infective 

vector on the susceptible host. The susceptible vectors become infected after biting the infective host at a rate 

 We assume that the susceptible vectors after becoming infective host will remain infective throughout the .ߚ

life and will carry pathogen for whole life. The rate of emission of ܱܥଶ from natural resources is denoted by 

 ଵ is theߙ .ଶ is denoted by ߶଴ܱܥ ଴ and from anthropogenic sources is ߶ଵ. The rate of natural depletion ofܧ

Temperature growth rate coefficient resulting from increase in ܱܥଶ in the region. ߙ଴  is the rate of natural 

depletion of temperature. ߜ଴ is the intrinsic growth rate of vector population and ܭ is the carrying capacity of 

the environment. ߰ denotes the rate of vector population growth due to temperature of the region. ܾଵ is the 
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birth rate for host population. ߛ is the disease induced death rate. ߤଵ and ߤଶ natural death rates of host and 

vector population respectively. 

We assume that ߜ଴ െ ଶߤ ൌ  ଶ areܱܥ for equation ሺ6ሻ. The equilibrium concentrations of Temperature and ߜ

denoted by ଴ܶ and ܥ଴ respectively. The analysis of model ሺ1 െ 8ሻ is carried out by considering the reduced 

model using ଵܰሺݐሻ ൌ ܵሺݐሻ ൅ ሻݐሻ and ଶܰሺݐሺܫ ൌ ሻݐሺܯ ൅ ܸሺݐሻ as  

 
ௗூ

ௗ௧
ൌ ଵሺߣ ଵܰ െ ܫሻܫ ൅ ଶሺߣ ଵܰ െ ሻܸܫ െ ሺߛ ൅  (9) ,ܫଵሻߤ

 
ௗேభ
ௗ௧

ൌ ܾଵ െ ܫߛ െ ଵߤ ଵܰ, (10) 

 
ௗ௏

ௗ௧
ൌ ሺߚ ଶܰ െ ܸሻܫ െ  ଶܸ, (11)ߤ

 
ௗேమ
ௗ௧

ൌ ߜ ଶܰ െ ଴ߜ
ேమ
మ

௄
൅ ߰ ଶܰሺܶ െ ଴ܶሻ, (12) 

 
ௗ்

ௗ௧
ൌ ܥଵሺߙ െ ଴ሻܥ െ ଴ሺܶߙ െ ଴ܶሻ, (13) 

 
ௗ஼

ௗ௧
ൌ ଴ܧ ൅ ߶ଵሺܾଵ െ ଵߤ ଵܰሻ െ ߶଴(14) .ܥ 

 The following closed set Ω defines the region of attraction for model system (9-14).  

Ω ൌ ሼሺܫ, ଵܰ, ܸ, ଶܰ, ܶ, ሻܥ א ା܀
૟ |0 ൑ ܫ ൑ ଵܰ ൑

௕భ
ఓభ
, 0 ൑ ܸ ൑ ଶܰ ൑

௄ఋ

ఋబ
, ଴ܶ ൑ ܶ ൑ ௠ܶ௔௫, ଴ܥ ൑ ܥ ൑  ௠௔௫ሽܥ

where ௠ܶ௔௫ ൌ ଴ܶ ൅
௕భథభఈభ
థబఈబ

 and ܥ௠௔௫ ൌ ଴ܥ ൅
ఊథబ
థభ

.  

It can be verified that Ω is positively invariant with respect to the system ሺ9 െ 14ሻ.  

 

3 Equilibrium Analysis 

In this section, the equilibrium analysis for the model (9-14) is carried out. The results of the equilibrium 

analysis are given in the following theorem. We obtain the following three feasible non-negative equilibria: 

The equilibria for the model (9-14), can be obtained by setting right hand side of model (9-14) equal to zero. 

The model clearly has a unique disease free equilibrium point ܧ଴ in the region Ω, given by ܧ଴ ൌ ቀ
௕భ
ఓభ
, 0,0ቁ. 

Theorem-1 There exists following three equilibria of the system (9-14). 

Disease free equilibrium ܧଵሺ0, ଵܰ, 0, ଶܰ, ,ܥ ܶሻ, where ଵܰ ൌ
௕భ
ఓభ

, ଶܰ ൌ
௅ఋ

ఋబ
ܥ , ൌ ܶ,଴ܥ ൌ ଴ܶ. 

Vector free equilibrium ܧଶሺ0, ഥܰଵ, 0,0, ഥܰଶ, ,ҧܥ തܶሻ. 

Endemic equilibrium ܧଷሺכܫ, ଵܰ
,כ ,כܸ ଶܰ

,כ ,כܥ  .ሻכܶ

The existence of first equilibrium ܧଵሺ0, ଵܰ, 0, ଶܰ, ,ܥ ܶሻ obvious.  

3.1 Existance of ࡱ૛(0,ࡺഥ૚, ૙,ࡺഥ૛, ,ഥ࡯  ഥሻࢀ

From equation ሺ10ሻ we have  

ܫ  ҧ ൌ
௕భିఓభேഥభ

ఊ
 (15) 

from equation ሺ9ሻ we have  

 ഥܰଵ ൌ
௕భఒభାఊሺఓభାఊሻ

ఊ
, (16) 

 using ሺ16ሻ in ሺ15ሻ we have  
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ܫ  ҧ ൌ
௕భఒభିఓభሺఓభାఊሻ

ఒభሺఓభାఊሻ
 (17) 

which exists if ܾଵߣଵ െ ଵߤଵሺߤ ൅ ሻߛ ൐ 0. 

We define the Basic Reproduction number as  

 ࣬଴ ൌ
௕భఒభ

ఓభሺఓభାఊሻ
 , 

from equation ሺ14ሻ we have  

ҧܥ  ൌ
ாబ
థబ
൅

థభሺ௕భିఓభேഥభሻ

థబ
ൌ ଴ܥ ൅

థభሺ௕భିఓభேഥభሻ

థబ
 , (18) 

from equation ሺ13ሻ we have  

 തܶ ൌ ଴ܶ ൅
ఈభథభሺ௕భିఓభேഥభሻ

థబఈబ
 . (19) 

Thus, the Vector free equilibrium point ܧଶሺ0, ഥܰଵ, 0, ഥܰଶ, ,ҧܥ തܶሻ exists if ࣬଴ ൌ
௕భఒభ

ఓభሺఓభାఊሻ
൐ 1. 

3.2 Existance of ࡱ૜(כࡵ, ૚ࡺ
כ , ,כࢂ ૛ࡺ

כ , ,כ࡯  ሻכࢀ

After setting the equations (9-14), the non-trivial equilibrium ܧଷሺכܫ, ଵܰ
,כ ,כܸ ଶܰ

,כ ,כܥ  :ሻ can be obtained asכܶ

We have, from equation ሺ14ሻ 

ܥ  ൌ ଴ܥ ൅
థభሺ௕భିఓభேభ

ሻכ

థబ
 . (20) 

Substituting value of ܥ from equation ሺ20ሻ in equation ሺ13ሻ, 

 ܶ ൌ ଴ܶ ൅
ఈభథభሺ௕భିఓభேభ

ሻכ

థబఈబ
. (21) 

From equation ሺ12ሻ we have  

 ଶܰ
כ ൌ

௄

ఋబ
൫ߜ െ ߰ሺܶ െ ଴ܶሻ൯, (22) 

substituting equation ሺ21ሻ in equation ሺ22ሻ we get,  

 ଶܰ
כ ൌ

௄൫ఋఈబథబିటఈభథభሺ௕భିఓభேభ
ሻ൯כ

ఋబథబఈబ
. (23) 

Substituting equation ሺ23ሻ in equation ሺ11ሻ we get,  

כܸ  ൌ
ఉ௄ሺఋఈబథబିటఈభథభఊூכሻ

ఋబథబఈబሺఉூכାఓమሻ
. (24) 

from equation ሺ10ሻ, we have  

 ଵܰ
כ ൌ

௕భିఊூכ

ఓభ
 (25) 

Now, substituting equations ሺ24ሻ and ሺ25ሻ in equation ሺ9ሻ, we get the value of כܫ from the following cubic 

equation  

 ܽଷכܫଷ ൅ ܽଶכܫଶ ൅ ܽଵכܫ ൅ ܽ଴ ൌ 0, (26) 

where  

ܽଷ ൌ ߛሺߚ଴߶ఈ଴ߜଵߣ ൅ ଵሻߤ ൐ 0, 

ܽଶ ൌ െൣߣܭߚଶߛ߶ଵߙଵ߰ߛሺߛ ൅ ଵሻߤ ൅ ߚ଴൫ܾଵߙ଴߶଴ߜଵߣ െ ߛଶሺߤ ൅  ,ଵሻ൯൧ߤ

ܽଵ ൌ ଵܾߛଵ߰ߙଶ൫߶ଵߣܭߚ ൅ ߛ଴ሺߙ଴߶ߜ ൅ ଵሻ൯ߤ െ ൫ܾଵߤଶߣଵߜ଴߶଴ߙ଴ ൅ ߛሺߚ଴ߙ଴߶଴ߜଵߤ ൅  ,ଵሻ൯ߤ

ܽ଴ ൌ െ൫ߣߚଶܾଵߜ߶଴ߙ଴ܭ ൅ ߛ଴ሺߙ଴߶଴ߜଶߤଵߤ ൅ ଵሻ൯ߤ ൏ 0. 

We state the theorem given in (Burnside and Panton, 1935) to determine the existence of endemic equilibrium.  

Theorem-2  Every equation of an odd degree has at least one real root of a sign opposite to that of its last term 
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and every equation of an odd degree has at least one real root of a sign opposite to that of its last term. 

Since, ܽ଴ ൏ 0, therefore atleast one positive of equation ሺ26ሻ exists. Now, ܽଷ ൐ 0 and ܽଶ ൏ 0 if ܾଵߚ െ

ߛଶሺߤ ൅ ଵሻߤ ൐ 0. 

Also ܽଵ ൏ 0  if ߣܭߚଶ൫߶ଵߙଵܾ߰ߛଵ ൅ ߛ଴ሺߙ଴߶ߜ ൅ ଵሻ൯ߤ ൐ ൫ܾଵߤଶߣଵߜ଴߶଴ߙ଴ ൅ ߛሺߚ଴ߙ଴߶଴ߜଵߤ ൅ .ଵሻ൯ߤ  Hence, 

if ܽଵ ൏ 0  and ܾଵߚ ൐ ߛଶሺߤ ൅ ଵሻߤ , then by using Descartes’ Rule the endemic equilibrium point 

,כܫଷሺܧ ଵܰ
,כ ,כܸ ଶܰ

,כ ,כܥ   .ሻ exists uniquelyכܶ

 

4 Stability Analysis 

4.1 Local stability analysis 

In this section, the local stability of equilibria ܧଵ, ܧଶ and ܧଷ are stated. The local stability of equilibrium points 

 ଶ are studied by determining the sign of eigen values of corresponding Jacobian matrix and the localܧ ଵ andܧ

stability of endemic equilibrium ܧଷ is investigated by using Lapyunov’s theory. 

Let ௜ࣤ be the Jacobian matrix evaluated at equilibrium points ܧ௜ሺ݅ ൌ 1,2ሻ. The variational matrix ௜ࣤ for the 

model (9-14) is given by  

 ௜ࣤ ൌ

ۉ

ۈ
ۈ
ۈ
ۇ

ଵߣ ଵܰ െ ܫଵߣ2 െ ଶܸߣ െ ሺߤଵ ൅ ሻߛ ܫଵߣ െ ଶܸߣ ଶߣ ଵܰ െ ܫଶߣ                      0 0  0
                 െߛ     െߤଵ          0                      0 0  0
ሺߚ             ଶܰ െ ܸሻ        0 െܫߚ െ ଶߤ ܫߚ 0  0

                  0        0          0 ߜ െ
ଶఋబேమ
௄

൅ ߰ሺܶ െ ଴ܶሻ 0 ߰ ଶܰ

                  0      ߶ଵߤଵ          0                      0 െ߶଴    0
                  0        0          0                      0 ଵߙ െߙ଴ی

ۋ
ۋ
ۋ
ۊ

, 

The variational matrix ଵࣤ corresponding to the model ሺ9 െ 14ሻ at equilibrium point ܧଵ is given as:  

 ଵࣤ ൌ

ۉ

ۈ
ۈ
ۈ
ۈ
ۈ
ۇ

௕భఒభ
ఓభ

െ ሺߤଵ ൅ ሻߛ 0 ଶߣ
௕భ
ఓభ

  0   0   0

െߛ െߤଵ     0   0   0   0
ఋఉ௄

ఋబ
0 െߤଶ   0   0   0

            0 0    0 െߜ   0
టఋ௄

ఋబ
            0 ߶ଵߤଵ    0   0 െ߶଴   0
            0 0    0   0 ଵߙ   െߙ଴ی

ۋ
ۋ
ۋ
ۋ
ۋ
ۊ

, 

The characteristic polynomial is given as  

 ሺെߤଵ െ ߜሻሺെߦ െ ሻሺെ߶଴ߦ െ ଴ߙሻሺെߦ െ  ,ሻߦ

 ൭ߦଶ ൅ ቀߤଵ ൅ ଶߤ ൅ ߛ െ
ఒభ௕భ
ఓభ
ቁ ߦ െ ቆ

௕భ
ఓభ
ቀߤଶߣଵ ൅

ఒమఉ

ఋబ
ቁ െ ሺߤଵ ൅ ሻቇ൱ߛ ൌ 0. 

The eigen value are : െߤଵ,െߜ,െ߶଴, െߙ଴ and the remaining two eigen values can be obtained from following 

quadratic equation  

ଶߦ  ൅ ݁ଵߦ ൅ ݁଴ ൌ 0, (27) 

where  

݁ଵ ൌ ൬ߤଵ ൅ ଶߤ ൅ ߛ െ
ଵܾଵߣ
ଵߤ

൰, 

݁଴ ൌ ൭ሺߤଵ ൅ ሻߛ െ
ܾଵ
ଵߤ
൬ߤଶߣଵ ൅

ߚଶߣ
଴ߜ

൰൱. 

If both the roots of equation ሺ27ሻ are negative or have negative real parts then the equilibrium point ܧଵ is 
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stable otherwise unstable. Now ݁ଵ ൐ 0 if ߤଵ ൅ ଶߤ ൅ ߛ ൐
ఒభ௕భ
ఓభ
ሻ and ݁଴ ൐ 0 if ߤଵ ൅ ߛ ൐

௕భ
ఓభ
ቀߤଶߣଵ ൅

ఒమఉ

ఋబ
ቁ. 

Using Routh-Hurwitz criterion, a second-degree polynomial with all the coefficients positive will have 

negative roots. Then the equilibrium point ܧଵ is stable if ߤଵ ൅ ଶߤ ൅ ߛ ൐
ఒభ௕భ
ఓభ
ሻ and ߤଵ ൅ ߛ ൐

௕భ
ఓభ
ቀߤଶߣଵ ൅

ఒమఉ

ఋబ
ቁ 

otherwise unstable. 

The variational matrix ࣤଶ corresponding to the model ሺ9 െ 14ሻ at equilibrium point ܧଶ is given as :  

 ࣤଶ ൌ

ۉ

ۈ
ۈ
ۈ
ۇ

ଵߣ ഥܰଵ െ ܫଵߣ2 ҧ െ ሺߤଵ ൅ ሻߛ ܫଵߣ ҧ ଶߣ ഥܰଵ െ ܫଶߣ ҧ             0   0   0
െߛ െߤଵ         0             0   0   0
                   0   0 െܫߚ ҧ െ ଶߤ ܫߚ ҧ   0   0
                   0   0         0 ߜ ൅ ߰ሺ തܶ െ ଴ܶሻ   0   0
                   0 ߶ଵߤଵ         0             0 െ߶଴   0
                   0   0         0             0 ଵߙ  െߙ଴ی

ۋ
ۋ
ۋ
ۊ
, 

The Jacobian matrix ࣤଶ has one positive eigen value ߜ ൅ ߰ሺ തܶ െ ଴ܶሻ, therefore, the equilibrium point ܧଶ is 

locally unstable. Further, we study the linear stability of endemic equilibrium point ܧଷ by using Lyapunov’s 

direct method. We thus state the following theorem  

Theorem-3 The endemic equilibrium Eଷ is locally asymptotically stable provided the following conditions 

hold  

ଶߣߛ 
ଶܸכଶ ൏ ଶכܫଵߣଶሺߤଵߣ ൅ ଶߣ ଵܰ

 ሻ (28)כܸכ

ଵߤଶ߰ܭߛߚ16 
ଶ߶ଵ

ଶߣଶ
ଶܭሺ ଶܰ

כ െ ሻכܫ ൏ ଴ߙ଴߶ߚଵߣଶߤ଴ߜ
ଶ

ଶܰ
ଶ. (29)  

Proof. we linearise the system (9-14), using the transformation ܫ ൌ כܫ ൅ ଵݔ , ଵܰ ൌ ଵܰ
כ ൅ ଶݔ , ܸ ൌ כܸ ൅ ଷݔ , 

ଶܰ ൌ ଶܰ
כ ൅ ܥ ,ସݔ ൌ כܥ ൅ ܶ ହ andݔ ൌ כܶ ൅  ଺ݔ

Consider the following positive definite function  

 ܷ ൌ
௠భ

ଶ
ଵݔ
ଶ ൅

௠మ

ଶ
ଶݔ
ଶ ൅

௠య

ଶ
ଷݔ
ଶ ൅

௠ర

ଶ
ସݔ
ଶ ൅

௠ఱ

ଶ
ହݔ
ଶ ൅

௠ల

ଶ
଺ݔ
ଶ . (30) 

Now, differentiating equation (30) w.r.t ‘ݐ’ and using linearised system (9-14) corresponding to ܧସ, 
ௗ௎

ௗ௧
 can be 

written as  

 
ௗ௎

ௗ௧
ൌ െ݉ଵ ቀߣଵכܫ ൅ כଶܸߣ ൅ ଶߣ

ሺேభ
ሻכூିכ

ூכ
ቁכܸ ଵݔ

ଶ െ ݉ଶߤଶݔଶ
ଶ െ ݉ଷݔכܫߚଷ

ଶ െ ݉ସ
ఋబேమ

כ

௄
ସݔ
ଶ െ ݉ହߙ଴ݔହ

ଶ 

 െ݉଺߶଴ݔ଺
ଶ ൅ ݉ଵߣଶሺ ଶܰ

כ െ ଷݔଵݔሻכܫ ൅ ሺ݉ଵߣଵכܫ െ ଶݔଵݔሻߛଶߤ ൅ ݉ଵߣଶܸݔכଵݔଶ ൅ ݉ଷݔכܫߚଷݔସ 

 ൅݉ହߙଵݔହݔ଺ െ ݉଺߶ଵߤଵݔଶݔ଺ ൅ ݉ସ߰ݔସݔହ . 

After choosing ݉ଶ ൌ 1, ݉ଶ ൌ
ఊ

ఒభூכ
, we have the following inequalities for 

ௗ௎

ௗ௧
 to be negative definite:  

ଶߣߛ 
ଶܸכଶ ൏ ଶכܫଵߣଶሺߤଵߣ ൅ ଶߣ ଵܰ

 ሻ , (31)כܸכ

 ݉ଷ ൐
ఊఒమ

మሺேమିூכሻమ

ఒభఉூכሺఒభூכమାఒమேభ
ሻכ௏כ

 , (32) 

 ݉ସ ൏
ఋబఈబேమ

כ

టమ ݉ହ , (33) 

 ݉ହ ൏
ఈబథబ
ఈభ

݉଺ , (34) 

 ݉଺ ൏
ఓమ

థభ
మఓభ

మ , (35) 

 ݉ଷ ൏
ఋబேమ

మ

ఉ௄ூכ
݉ସ , (36) 
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Further, we choose ݉ସ ൌ
ఋబథబఓమఈబ

మேమ
଼టమథభ

మఓభ
మ , ݉ହ ൌ

ఈబథబఓమ
ସథభ

మఓభ
మ  and ݉଺ ൌ

ఓమ
ଶథభ

మఓభ
మ , ݉ଷ  can be choosen by using ሺ32ሻ and 

ሺ36ሻ if the following inequality is satisfied:  

ଵߤଶ߰ܭߛߚ16 
ଶ߶ଵ

ଶߣଶ
ଶܭሺ ଶܰ

כ െ ሻכܫ ൏ ଴ߙ଴߶ߚଵߣଶߤ଴ߜ
ଶ

ଶܰ
ଶ (37) 

which proves the Theorem (3). 

 

 

4.2 Non-linear stability analysis 

The result of non-linear stability analysis of endemic equilibrium ܧଷ is presented in the following theorem.  

Theorem-4 The endemic equilibrium Eଷ is non-linearly asymptotically stable in the region provided the 

following conditions are satisfied: 

ଶߣߛ 
ଶܸଶ ൏ ଵߣଵߤ

ଶܫଶ, (38) 

 16߶ଵ
ଶߙଵ

ଶ߰ଶܭଶܸଶ൫ߣଶכܸߛሺ ଵܰ
כ െ ሻכܫ ൅ ሺכܫߚଵߣ ଵܰ

כ െ ሻ൯כܫ
ଶ
൏ ଴߶଴ߜ

ଶߙଵ
ଶߣଵ

ଶכܫכܸߛଶ ଶܰ
ଶ (39)  

Proof. Consider a positive definite function as:  

ܹ ൌ ݊ଵ ൬ܫ െ כܫ െ lnכܫ
ܫ
כܫ
൰ ൅

݊ଶ
2
ሺ ଵܰ െ ଵܰ

ሻଶכ ൅ ݊ଷ ൬ܸ െ כܸ െ lnכܸ
ܸ
כܸ
൰ ൅ ݊ସ ቆ ଶܰ െ ଶܰ

כ െ ଶܰ
lnכ ଶܰ

ଶܰ
 ቇכ

 ൅
௡ఱ
ଶ
ሺܶ െ ሻଶכܶ ൅

௡ల
ଶ
ሺܥ െ  ሻଶ, (40)כܥ

where, ݊௜ሺ݅ ൌ 1,2, . . .6ሻ are positive chosen suitably. Differentiating (40) and using the using linearised system 

(9-14), after some algebraic calculations, we get  

ܹ݀
ݐ݀

ൌ ሺ݊ଵߣଵ െ ݊ଶߛሻሺ ଵܰ െ ଵܰ
ܫሻሺכ െ ሻכܫ െ ݊ଵ

ଶܸߣ ଵܰ

כܫܫ
ሺܫ െ ሻଶכܫ െ ൤

݊ଵ
2
ܫଵሺߣ െ ሻଶܫ െ ݊ଵ

ଶܸߣ
כܫ

ሺ ଵܰ െ ଵܰ
ܫሻሺכ െ  ሻכܫ

൅
݊ଶ
2
ଵሺߤ ଵܰ െ ଵܰ

ሻଶቃכ െ ൥
݊ଵ
2
ܫଵሺߣ െ ሻଶכܫ െ ൭݊ଵ

ଶܸߣ
כܫ

ሺ ଵܰ
כ െ ሻכܫ ൅ ݊ଶ

ߚ
כܸ
ሺ ଶܰ

כ െ ሻ൱כܸ ሺܫ െ ሻሺܸכܫ െ  ሻכܸ

൅
݊ଷ
2
ߚ ଶܰܫ
כܸܸ

ሺܸ െ ሻଶ൨כܸ െ ൤
݊ସ
2
଴ߜ
ܭ
ሺ ଶܰ െ ଶܰ

ሻଶכ െ ݊ଷ
ܫߚ
ܸ
ሺ ଶܰ െ ଶܰ

ሻሺܸכ െ ሻכܸ ൅
݊ଷ
2
ߚ ଶܰܫ
כܸܸ

ሺܸ െ ሻଶ൨כܸ െ 

൤
݊ସ
2
଴ߜ
ܭ
ሺ ଶܰ െ ଶܰ

ሻଶכ െ ݊ସ߰ሺܶ െ ሻሺכܶ ଶܰ െ ଶܰ
ሻଶכ ൅

݊ହ
2
଴ሺܶߙ െ ሻଶ൨כܶ െ ቂ

݊଺
2
߶଴ሺܥ െ ሻଶכܥ െ ݊ହߙଵ 

Fig. 1 Variation of Infective host population with respect to time ݐ for distinct values of ܧ଴. 
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ሺܥ െ ሻଶሺܶכܥ െ ሻଶכܶ ൅
݊ହ
2
଴ሺܶߙ െ ሻଶቃכܶ െ ቂ

݊ଶ
2
ଵሺߤ ଵܰ െ ଵܰ

ሻଶכ ൅ ݊଺߶ଵߤଵሺ ଵܰ െ ଵܰ
ܥሻሺכ െ  ሻכܥ

 ൅
௡ల
ଶ
߶଴ሺܥ െ  ሻଶቃכܥ

Now, using Sylvester criteria in the above expression and after choosing ݊ଵ ൌ
ఊ

ఒభ
, ݊ଶ ൌ 1, ݊ସ ൌ

ఋబథబ
మఈబ

మ

ଵ଺థభ
మఈభ

మటమ௄
, 

݊ହ ൌ
థబ
మఈబ

ସథభ
మఈభ

మ and ݊଺ ൌ
థబ
ଶథబ

మ. 

We get  

ଶߣߛ 
ଶܸଶ ൏ ଵߣଵߤ

ଶܫଶ 

and  

 
ఊ௏൫ఒమఊ௏כሺேభ

ሺேభכሻାఒభఉூכூିכ
ሻ൯כூିכ

మ

ఒభ
మఊమேమ௏כூכమ

൏ ݊ଷ ൏
ఋబ
మథబ

మఈబ
మேమ௏כ

ଵ଺థభ
మఈభ

మటమ௄మ௏
 . 

i.e.  

 16߶ଵ
ଶߙଵ

ଶ߰ଶܭଶܸଶ൫ߣଶכܸߛሺ ଵܰ
כ െ ሻכܫ ൅ ሺכܫߚଵߣ ଵܰ

כ െ ሻ൯כܫ
ଶ
൏ ଴߶଴ߜ

ଶߙଵ
ଶߣଵ

ଶכܫכܸߛଶ ଶܰ
ଶ. 

which proves the Theorem (4).  

 

5 Numerical Simulation 

 

 

Fig. 2 Variation of Total vector population with respect to time ݐ for distinct values of E଴ 
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In this section numerical simulation is presented to study the dynamic behaviour of the system (9-14) and 

to explain the applicability of the results discussed above. The parameter values considered for simulation are 

as: ܾଵ ൌ 120, ଵߣ ൌ 2.1 ൈ 10ିହ, ଶߣ ൌ 1.1 ൈ 10ି଺, ߚ ൌ 5.1 ൈ 10ିସ, ߛ ൌ 0.012, ߰ ൌ 0.04, ܭ ൌ 10ଷ, ଵߤ ൌ

0.1, ଶߤ ൌ 0.004, ߜ ൌ 0.3, ଴ܶ ൌ 14, ଴ܥ ൌ 2.5, ଴ߜ ൌ 0.6, ଵߙ ൌ 0.10, ଴ߙ ൌ 0.1, ߶଴ ൌ 0.016, ߶ଵ ൌ 0.576 ൈ

10ିଷ, ଴ܧ ൌ 5.  The equilibrium values for endemic equilibrium are computed as 

ଷܧ ൌ 6821.8157,7627.6422,597.5471,598.2341,15.4735,315.4470.  The eigenvalues corresponding to 

variational matrix of endemic equilibrium are :  

 െ0.015996,െ0.018797,െ0.130198,െ0.2,െ0.35894,െ3.483126. 

Since, all the eigenvalues corresponding to ܧଷ are negative for the above set of parameter values, therefore, the 

endemic equilibrium ܧଷ is locally stable. The results of the system (9-14) are shown graphically in Figs  1-6.  

 

 

Fig. 4 Variation of Total vector population with respect to time ݐ for distinct values of ߙଵ 

 

 

 

Fig. 3 Variation of Infective host population with respect to time ݐ for distinct values of ߙଵ. 
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Fig. 5 Variation of Infective host population with respect to time ݐ for distinct values of ߶଴ 

 

Fig. 1 and  Fig. 2 shows the variation of infective host and total vector population with time, respectively, 

for different values of ܧ଴, the rate of emission of ܱܥଶ from natural sources. It is clear that as the rate of 

emission of ܱܥଶ  increases, the infective host population increases (Fig. 1). This increase in infective 

population is due to increase in vector population in the environment (Fig. 2). ߙଵ is the Temperature growth 

rate coefficient resulting from increase in ܱܥଶ in the region. The effect of Temperature growth rate coefficient 

resulting from increase in ܱܥଶ on infective host and total vector population with time ݐ is shown in Fig. 3 and  

Fig.4, respectively, for different value of ߙ଴ , the growth rate coefficient of Temperature resulting from 

increase in ܱܥଶ . It is seen that as the rate of emission of ܱܥଶ from anthropogenic sources increase ߶ଵ, the 

infective host population increases Fig. 5. This increase in the infective host population is due to increase of 

vector population in the environment as a result of increase in emission of ܱܥଶ from anthropogenic sources. 

From Fig. 6, it is clear that the total vector population increases with increase in emission of ܱܥଶ  from 

anthropogenic sources. It is, therefore, observed that the prevalence of vector borne diseases can be reduced if 

the rate of emission of ܱܥଶ from anthropogenic sources ߶ଵ and natural sources ܧ଴; and Temperature growth 

rate coefficient resulting from increase in carbon dioxideߙଵ, in the region can be reduced.  

 

Fig. 6 Variation of Total vector population with respect to time ݐ for distinct values of ߶ଵ 
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6 Conclusion 

In this paper, a non-linear mathematical model is proposed to study the effect of global warming on the vector 

borne diseases. In modeling the process, the total human population is divided into subclasses of susceptible 

host and infective host; and the vector population is divided into subclasses of susceptible vector and infective 

vector. The model exhibits three equilibria; namely disease free equilibrium, vector free equilibrium and 

endemic equilibrium. We have assumed that, in addition to natural sources,the human related activities are also 

responsible for increased temperature , due to increase in concentration of ܱܥଶ. The analysis of the model 

reviles that the increase in temperature, due to increase in ܱܥଶ concentration in environment, leads to fast 

spread of vector borne disease. The rise in temperature results in increase of vector population and this 

increase in vector population results in fast spread of vector born disease. The model analysis suggests that if 

the emission of ܱܥଶ both from natural and human related activities is reduced, the spread of vector borne 

disease can be reduced. The model analysis shows that as the ܱܥଶ concentration in the environment increases, 

giving rise to the increase in temperature, then not only the vector population increases but also the infective 

host population increases, resulting in the fast spread of disease. 
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